








L(A)	and	proved	that	if	κ	is	a	regular	cardinal	and	A	is	a	subset	of	κ+,	then	ZFC	and	2κ	=	κ+	hold	in	L(A).	This	can	be	applied	to	prove	relative	consistency	results:	e.g.,	if	2ℵ0	=	ℵ2	is	consistent	then	so	is	2ℵ0	=	ℵ2	and	2ℵ1	=	ℵ2.		This	was	before	the	invention	of	forcing	which	gave	a	tool	for	proving	such	consistency	results.	These	results	were	published	as	a	paper	in	1961.		Moving	on,	we	quickly	arrive,	in	1961	(paper	12	on	his	list	of	publications),	to	the	celebrated	Hajnal’s	free	set	theorem.	Suppose	that	we	have	a	set	S	of	size	κ,	a	cardinal	λ<	κ	and	a	function	f:Sà[S]<	λ	.	A	subset	S’	of	S	is	free	if	for	every	X,Y	in	S’	we	have	that	X	does	not	belong	to	f(Y)	and	vice	versa.	Ruziewicz	had	conjectured	that	in	this	situation	there	must	be	a	free	set	of	size	κ.	Continuing	a	line	of	partial	results	by	eminent	authors,	Hajnal	finally	confirmed	this	conjecture	in	a	“surprisingly	simple	and	ingenious	way”,	as	said	Paul	Erdős.			Hajnal	is	famous	for	his	work	on	partition	relations	for	cardinals,	much	of	it	in	collaboration	with	Paul	Erdős.	Indeed,	together	they	published	56	papers,	both	in	finite	and	in	infinite	combinatorics.			They	also	largely	influenced	the	international	community	by	publishing	papers	containing	a	list	of	open	questions.	He	was	also	a	majr	contributor	in	the	partition	calculus	of	ordinals,	including	his	result	with	Baumgartner	(1973)	that		for	every	partition	of	pairs	of	vertices	of	the	complete	graph	on	ℵ!	vertices	into	finitely	many	subsets,	at	least	one	of	the	subsets	contains	a	complete	graph	on	𝛼 vertices	for	every	countable	𝛼.	This	result	contains	a	new	idea	in	the	method	of	proof,	since	it	was	first	proved	under	MA	and	then	converted	into	a	ZFC	result	by	absoluteness.		With	Juhàsz	(himself	now	a	member	of	the	Hungarian	Academy	of	Sciences),	Hajnal	worked	on	set-theoretic	topology	and	they	were	the	first	ones	(1968)	to	construct	an	S-space	and	an	L-space.	They	published	32	joint	papers.			In	graph	theory,	Hajnal	made	contributions	both	in	the	finite	and	the	infinite	domains.	A	celebrated	construction	is	his	construction	of	two	graphs	of	chromatic	number	ℵ! 	whose	product	is	countably	chromatic	(1985).	This	shows	that	Hiedetniami	conjecture	is	false	for	the	infinite.	In	finite	graph	theory,	probably	his	most	well	known	result	is	The	Hajnal–Szemerédi	theorem	(1970)	on	equitable	coloring,	proving	a	1964	conjecture	of	Erdős:	let	Δ	denote	the	maximum	degree	of	a	vertex	in	a	finite	graph	G.	Then	G	can	be	colored	with	Δ	+	1	colors	in	such	a	way	that	the	sizes	of	the	color	classes	differ	by	at	most	one.	Hajnal	has	several	important	papers	in	graph	theory	with	his	former	student	Komjáth,	now	a	member	of	Hungarian	Academy	in	his	own	right.		In	a	different	part	of	set	theory,	Hajnal	proved	together	with	Galvin	(1975,	Annals	of	Mathematics)	a	result	that	was	very	unexpected	at	the	time:	if	 ℵ𝜔!	is	a	strong	limit	cardinal	then 2^{ℵ !! }<ℵ_{2 ℵ! !}	.		This	was	the	result	that	initiated	Shelah’s	pcf	theory.		Hajnal	had	many	other	great	contributions	and	continued	producing	mathematics	to	the	very	end	of	his	life.		
What	else	to	say?	All	great	men	die	but	behind	some	of	them,	their	theorems	remain.	Hajnal	was	in	this	class.			
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